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Tém tit:

Trong cdng trinh nay ching to6i nghién citu 3 gid thuy&t néu ra trong [1] vé cdc
nhém con t3i dai trong vanh chia.
Gia thuy&t 1. Cho D 12 vanh chia véi tim F va M 12 nhém con t5i dai cda D”. Khi d6
ta c6 Z(M) =M N F, v6i Z(M) 1a tAim cta M.
Gia thuy&t 2. Cho D 1a vanh chia va M 12 nhém con t8i dai liiy linh ctia D*. Khi d6 D
giao hodn.
Gia thuy&t 3. Cho D 12 vanh chia va M 12 nhém con t5i dai gidi dudc ciia D”. Khi d6
D giao hodn.
Ching toi da dua ra mot khing dinh tuong duong véi Gia thuyét 1 trong trudng hop
tam F cda D vo han. St dung diéu nay chiing tdi da chitng minh dugc ring nhitng diéu
khing dinh trong cdc gid thuyét 1 va 2 1a ding ddi véi vanh chia cdc quaternions ¢
dic trung khdc 2. Chiing t6i ciing di thiét 1ap mot diéu kién cin va dd d€ mot vanh
chia tr§ thanh vanh chia cdc quaternions.
Trong [2] M. Mahdavi-Hezavehi di x4y dung mo6t nhém con t8i dai gidi dudc
My:=C U C*j clia nhém nhan H cda vanh chia H cdc quaternions thuc, va nhu vy
ong da dua ra cdu trd 15i phii dinh cho Gi4 thuy&t 3. O day, ching t6i ching minh
thém riing, moi nhém con t8i dai gidi dugc cia H déu lién hop véi My trong H'.
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Abstract

In this work, we study the following three conjectures, rised in [1] on maximal
subgroups in division rings.

Conjecture 1. Let D be a division ring with the center F and M be a maximal
subgroup of D". Then we have Z(M)=M N F, where Z(M) is the center of M.
Conjecture 2. Let D be a division ring and M be a nilpotent maximal subgroup of D".
Then D is commutative.

Conjecture 3. Let D be a division ring and M be a solvable maximal subgroup of D".
Then D is commutative.

Some statement which is equivalent to Conjecture 1 in the case of infinite center F of
D is established. Using this fact, we prove that for a division ring of quaternions of
characteristic different from 2 the conjectures 1 and 2 have the positive ansewrs.
Some necessary and sufficient condition for a division ring to be a division ring of
quaternions is also given.

In [2] M. Mahdavi-Hezavehi constructed the solvable maximal subgroup My:=C U C*j
of the multiplicative group H™ of the division ring H of real quaternions, so he gave the
negative answer to Conjectures 3. Here, we prove that every solvable maximal
subgroup of H' is conjugated with My in H'.
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